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ON THE ARONSZAJN PROPERTY FOR AN INTEGRAL EQUATION WITH WEAKLY SINGULAR KERNEL
Let E, F be Banach spaces, and let D = [0, d] be a compact interval in R. In this paper we prove the existence of a solution and we study the structure of the solutions set of the integral equation t (1) x
(t) = p(t) + J K(t, s)/(s, x(s))ds, o where
is a function from D x E into F which is continuous in x, strongly measurable in t and ||/(i, x)\\ < m^ for t e D and ||a: || < h] 3° K(t,s) = , 0 < r < 1, where H is a continuous function from {(i, s) : 0 < s < t < d} into the space of continuous linear mappings
In what follows we shall need the following result of W. Mydlarczyk given in [5] , 
Denote by a the Kuratowski measure of noncompactness, (cf. [1]). For a given set V of functions from D into E we define a function v by v(t) = a(V(t)) for t € D, where V(t) = {x(i) : x € V}.
Lemma (Heinz [3]). Let V be a countable set of strongly measurable functions D i -• E such that there exists an integrable function \i : D i -• R such that ||x(i)|| < fi(t) for all x € V and t G D. Then the corresponding function v is integrable and
Now we shall prove the following Aronszajn-type theorem:
THEOREM 2. Let g : R+ i -• R + be a continuous nondecreasing function such that g( 0) = 0, g{t) > 0 fort>0 and
7/1°-3° hold and
(f(t,X))<g(a(X)) for t € D and for each bounded subset X of E, then there exists an interval J -[0,a] such that the set of all continuous solutions x : J h-• E of (J) is a compact Rg, i.e. it is homeomorphic to the intersection of a decreasing sequence of compact absolute retracts.
Proof. 
)f(s, x(s))ds b < -2 for t € J, x G B = {x G C : ||x||c < b}, where C = C(J,E) denotes the space of continuous functions J i-> E. Put f(t,x) = f(t,r(x)), where f x if ||x|| < b and define a mapping F by t F(x)(t) = p(t) + \ K[t, s)f(s, x(s))ds (xeC,te J). o
In the same way as in [4] we can prove that the set F(C) is equiuniformly continuous and F is a continuous mapping ChC.
Now we shall show that I -F is a proper mapping , i.e. 
